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1. Introduction 

Let A be the family of functions   f   which are analytic in the open unit disk  1: = zCz  of the form:  
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Let S mean the subclass of A consisting of univalent functions in . It is well known (refer[1]) that every 

function Sf   virtually posses an inverse of f, defined by )(,)]([1 =− zzzff  and 

)
4

1
)();((,)]([ 00

1 =− frfrwwwff , where 

              .......)55()2()( 4

432

3

2

3

3

2

2

2

2

1 ++−−−+−=− wddddwddwdwwf                                      (2) 

When the function Af   is bi univalent, both f and 
1−f are univalent in . Let   be the class of bi 

univalent functions in   given by (1). In fact, Srivastava et al.[12]has revived the study of analytic and bi 

univalent functions in recent years. Many researchers investigated and propounded various subclasses of bi 

univalent functions and fixed the initial coefficient coefficients 2d and 3d  (refer [2, 3, 9, 10]). 

With a view to recalling the principal of subordination between analytic functions, let f and g be analytic in  . 

We say that the function f is said to be subordination to g, if there exists a Schwarz function  analytic in 

 with ( ) 00 = and ( ) ( ) zz ,1  such that ( ) ( )( )zgzf = . This subordination is denoted by 

gf  or ( ) ( )( )zzgzf  . It is well known that, if the function g is univalent in  , then 

( ) ( )00 gfgf =  and ( ) ( ) gf . 

Applying the concept of subordination, Janowski [4] investigated the class  BA, of analytic functions p such 

that ( ) ( ) ( )BzAzzp ++ 11  for .,11 − zBA  
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Let p be analytic function in  with ( ) 10 =p . Then  BAp , , if and only if   
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where  BApp ,, 2,1  . Furthermore, let  BAp m ,,  if and only if  
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where  BApp ,, 2,1   and 2m . 

Particularly, for 1= , the class  BAm ,,  coincides with the class  BAm ,  introduced in [5], whereas, for 

 21,1 −== A and 1−=B , the class  BAm ,,  reduces to the class ( )mp  of analytic univalent 

functions in p , normalized with ( ) 10 =p  and satisfying  
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where 2m ,  )1,0  and z  refer to [6]. Moreover for 0= , the class ( ) mm pp =0 , introduced by 

Pinchuk [7]. Furthermore, for 2=m  it is well known class p of Caratheodory  functions. Also it is noted that, 

when 1,2 == Am and 1−=B , then  1,1,2 − Pp    implies ( )
2

arg


zp . 

The aim of this work, introduce a new subclass  ( )  ,,

, mJ BA  and determine the bounds for the initial Taylor 

– Maclaurin coefficients of 2d  and 3d  for  ( )  ,,

, mJf BA . 

Definition 1.1 A function f  is said to be the class  ( )  ,,

, mJf BA  if the following conditions are 

satisfied: 
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where ( 1,0,1,2,11 − mBA and  1,0 , and ( )wg is given by (2). 

Special cases: 

(i) For 0= , a new a class  ( ) mJf BA

 ,

,  of the functions f  such that 
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where ( 1,0,1,2,11 − mBA and ( )wg is given by (2). 

(ii) For 1= ,  a new a class  ( ) mJf BA

 ,

,  of the functions f  such that 
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where ( 1,0,1,2,11 − mBA and ( )wg  is given by (2). 

2. Main Results 

The following lemmas are required to prove our investigations. 

Lemma 2.1. [8] Let ( ) 


=

+=
1

1
n

n

n zqzq be subordinate to ( ) 


=

=
1n

n

n zQzQ . If ( )zQ is univalent in  and 

( )Q is convex, then ( ) ( ) 1,1  nQnq . 

The following lemma can be easily proved by using Lemma 2.1along with the definition of  BA, . 

Lemma 2.2. For ( 1,0,2,11 − mBA and let  BAp ,  with ( ) 
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Lemma 2.3. Let  ( 1,0,2,11 − mBA  and let  BAp m ,, with ( ) 
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Proof. This proof is straight forward by using Lemma 2.2 along with the definition of  BAm ,, . 

Theorem 2.4.  For ( 1,0,1,2,11 − mBA ,  1,0  and let  ( )  ,,

, mJf BA  be 

given by (1). Then  
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Proof.  Let  ( )  ,,

, mJf BA  be given by (1). Then there exists two analytic functions 

 BAvu m ,, , with  
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From (7) and (8), comparing the coefficients of 
2,, zwz and 

2w , it is obtained that 

                                                            ( )( ) 12121 ud =−+  ,                                                                (9) 

                                   ( )( ) ( )( ) 2

2

2

2

3 142311321 udd =+−++−+  ,                                          (10) 

                                                         ( )( ) 12121 vd =−+−  ,                                                              (11) 

                                ( )( )( ) ( )( ) 2

2

2

2

3

2

2 1423121321 vddd =+−++−−+  .                                 (12) 

From (9) and (11), it  can be written as  
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Applying Lemma 2.3. it follows that 
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Now, employing Lemma 2.3 and (15) , it is found that 
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 It is noted that for specializing the parameters, as mentioned in special cases of  (i) and (ii) in Definition 1.1,  

the following new results. 
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Taking the parameter 0= , the following corollary 2.5 is obtained. 
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Setting the parameter 1= , the following corollary 2.6. becomes 

Corollary 2.6. Let  ( ) mJf BA

 ,

, . Then  

 

( )
( ) ( )








−+−

−


124
,

1782
min

22






 mBAm
d  

And  

( )
( )

( )
( )

( )
( )

( )( )
( )

( )
( )

( )( )
( ) 












































−

−+−
+

−

−















−

+−−
+

−

−

+−

−
+

−

−



2

2

2

2

2

3

128

142
1

136

;
124

1422
1

136

;
1782136

























BAmBAm

BAmBAm

BAmBAm

d  

 

with ( 1,0,1,2,11 − mBA . Moreover  
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